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POISSON PROCESSES
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Abstract: For background of this paper see [2]. Given a probabilitycspX’, A, P),
let Gp be the Gaussian process with m@&imdexed byA4, and such that

EGp(A)Gp(B) = P(ANB) — P(A)P(B), A, B € A.

(1) LetC C A and suppose that, for all probability measures, (lawsh A, G has a
version with bounded sample functions @n(For example, suppoggis a "universal
Donsker class”.) Then, for some; no setF’ of n elements has all its subsets of the
formCNF,C € C,i.e.Cis aVapnik-Chervonenkis class. An example shows that limit
theorems for empirical measures need not hold uniformly axéapnik-Chervonenkis
class of measurable sets, unless further measurabilissisnaed.

(2) ForalawP on X = {1,2,...}, the collection2® of all subsets is a Donsker class

if and only if
Z P(m)'/? < .

(3) For any probability spadeX, A, P), suppos€ is a P-Donsker clas§, € A. LetT,
be a Poisson point process with intensity measuf®¢ « > 0. Then, as
a — oo, (T,—aP)/a'/? convergesin law, with respect to uniform convergencé,do
the Gaussian procedgp with mean0 andEWp(A)Wp(B) = P(ANB), A,B €C.
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