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ANALIZA MATEMATYCZNA
LISTA ZADAN 12
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. “b—a b—a . L
Podaj wzor na C,, = Z f(a +1 ), a nastepnie oblicz lim C,
(a) f(a:)zl,a:5,b: ; (b) f($):$,a:(),b:1,
(c) f(x)==z,a=1, b=35, (d) f(z)=2% a=0, b=35,
() f(x)=23 a=0,b=1, (f) flz)=22+5, a= -3, b=4,
(g) flx)=2*+1, a=-1, b=2, (h) flx)=2>+2z, a=0, b=4,

Oblicz nastepujace catki oznaczone poprzez konstrukcje ciagu podziatéow prze-
dziatu, odpowiadajacego mu ciggu sum Riemanna, oraz jego granicy
4

(a) / " dz, (v, =2-2/"), (b) /16 log(z) dz, (z; = e/,

(c) /0 zdz, (d) /1 e dz,
@ [ vaan@=9. 0 [
© [ Fan@=rmw) [ Ve =)
Oblicz catki oznaczone
(a) /_ sin(2?%7) du, (b) /0 arctan([z]) dz,
(c) /0 [cos(x?)] dx, (d) i V1+zde,
-1 1 2 1
©) /2 (11 +5z)% (0 —13 /(3 —x)! o
(g) /0 2 f_ 2 dx, (h) /0 sgn (z° — x) dz,
1 /2
(i) /0 re dx, (j) /o x cos(z) dx,
(k) /06— log(z + 1) dx, (1) /07r x” sin(x) dz,
9 \/E e3 1
(m) /4 Jio1 dz, (n) /1 T Tos00) dx
2 2 1
©) /+d ) / e
(q) /0 |z* — 52 + 6| dx, (r) /0 e i p— dz,



(s) /12 x log,(x) dz, (t) /Oﬁ x—S dz,

67 w/2
(u) / | sin(x)| dz, (w) / cos(x) sin'!(z) du,
0 0
logh _x /- x 1 T
(x) cve — - dx, (y) / 227 cos(x) du,
0 er 4+ 95 o

2
(7) / (z — 1) cos(x) dz.
0
Udowodnij nastepujace oszacowania

™/2 sin
(a) /0 x( )d <2, (b)

5
1 R 1 > |l 3
(c) ﬁ</9 x+sin(x)dx<§’ (d) /_1w2+1dx<§’
1 1 4

(e) / LE(l _ x99+93) dr < 5, (f) 2\/§ < / pl/e dz,
0 5 2, 2 .
(g) 5</ z*dxr < 31, (h) / —dr < —.
1 1 X 4

Oblicz naste;puj@ce granice
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(a) im (z+ 5+ s tos Tt

b 11m (120+220+320+ +n20)

n—o0 n? ’ )
) 7}1_?&( T (n+1)2 ™ (n+2)2 + (n+3)2 ot (2n)2) "1,

: . )

d) lim (fm - f¢2n+1 + \f\/2n+2 T avags T T ﬁ@)?
e) lim (sm( )+ sm( )+ sm(3) 4ot sin(%)) . %7

n—oo
£) Tim (VAn +vAn + 1T+ VA +2+ -+ Von) - 1o,

n—oo

1
g) I (et bt ) T
h) lim (\/ﬁ~(§/ﬁ+§/m+i”/m+-~+€’/%))
n—00 ViVt T+y/nt 24420 '
1) nll_{lolo (% + n;il + n2r<LF4 + n27<LF9 + nQZlﬁ oot nQZnQ)’
- 4 4 4 4 4
) nhfolo (5r + 5043 T 5046 Toage T 7 F 267
: 1 1 1 1 1
k) im (7 + 75+ 7sa T g T o)

n—oo

D lim (Zr 4 A5+ s+ aag + o+ )

n—oo
e\/g+e\/%+e\/§+---+e\/§)
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) ,}ggo(% Antamtan +m>%’

o) i (55 + it + s+ i+ )

P) Jim (i + it e+ e Tt we),

r) m (3o + wrtnre + e e T )



