ANALIZA MATEMATYCZNA
LISTA ZADAN 12
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~b—a b— . :
Podaj wzor na C), = Z f(a +1 ), a nastepnie oblicz lim C|
(a) f(x)=1, a=5, b=38, (b)y f(z)==x, a=0, b=1,
() f(z)==z, a=1b=5 (d) flz)=2% a=0,b=5
() f(x)=23 a=0,b=1, ) flz)=2x+5, a= -3, b=4,
(g) fl@)=2*+1,a=-1, b=2, (h) f(z)=2>+x, a=0, b=4,

Oblicz nastepujace catki oznaczone poprzez konstrukcje ciagu podziatéow prze-
dziatu, 0dpow1adajadcego mu ciggu sum Riemanna, oraz jego granicy

(a) /2 20 dz, (z; =221/, (b) /1 log(z )dm, (; = e/,

(c) /OQOxdx, (d) /110 e** dz,

@ | Vede, (x=5), ® | laldr,

@ [ Lan@=2m, 0 [V w=t)
Oblicz calki oznaczone

(a) / trsin(xmm) dz, (b) / " arctan((a]) de.
(©) /0 " cos(@?)] de, () / VItade,

@ [ o (o / - <x3—x>dx,
(i) /0 e, G) / 7 cos(x) d

(k) /0 " oae + 1) d, () /0 2 sin(z

(m) / A, w [ xmdﬂc,
©) /19643:6361% (v) /0\/:E+1+\/:1:+1 @,
(a) /05|x2—5x+6\d:c, /Olex_ex



(s) /12 x log,(x) dx, (t) /Oﬁ x—S dz,

67 w/2
(u) / | sin(x)| dz, (w) / cos(x) sin'*(z) du,
0 0
logh _x /- x _ 1 T
(x) cve — - dzx, (v) / 227 cos(x) du,
0 er 495 o

2
(7) / (z — )" cos(z) dz.
0
Udowodnij nastepujace oszacowania

™/2 sin
(a) /0 :é )d <2, (b)

5
1 | 1 > x| 3
(c) ﬁ</9 x+sin(x)dx<§’ (d) /_1w2+1dx<§7
1 1 4

(e) / z(1— 2P dx < o () 2v2< / 2V de,
o, 2 2 ;
(g) 5</ ¥ dr < 31, (h) / —dr < —.
1 1T 4

Oblicz nastepujace granice
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(a) Im (L4 o+t o T o),

b 11m (120+220+320+ +n20 )7
n—00 n? .
c) 7}1_{20( + e (n+2)2 + (n+3)2 ot )
. 1 1
d) lim (\f\/ﬁ + f\/2n+1 + f\/2n+2 T avangs T T \/ﬁ\/:?n)’

(Sln( )—|—Sln( )+Sln(3)+'--+sin(%)).%7
lim (\/4_+\/4n+1+\/4n+2+ +M)'#ﬁ7

n—oo
1
g) I (et vttt ) v
h) lim (\/ﬁ‘<%+$/m+§"/m+m+3¢%))
n—00 ViVt T+yV/nt 24420 ’
1) nll_)IIQlo (n_"2 + n;il + n;le + n27<LF9 + nQZlﬁ +-F #)’
- 4 4 4 4 4
) 7}13010 (5r + 5048 T 5n46 Toage T 0 T 567
: 1 1 1 1 1
k) lim (2 + iz T ntd T mge 00T o).

n—oo
: 1 1 1 1 1
1) lim (7? tora T Tt 8?)7

n—oo
e¢g+e¢g+e¢§+-~+eV§)
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) Jim (5 e 7 )

o) i (5 + it + s+ i+ )

p) lim (50 + (n+1)2 T (n+2)2 o Tt )

r) m (3 + wrtnre + e e T )



