Assume
ac® +ba+c=0,

for some integers a, b i ¢ so that a,c # 0. Consider the matrix
| a b2
M= [6/2 c ]
and the vector v = («, 1)*. Then
(Mv,v) = ac® + ba + ¢ = 0.

From
o TnPn + Pnfl

o=
rnQn + anl

we get

CL(’T’nPn + Pn—1)2 + b(TnPn + Pn—l)(ann + Qn—l)

+ C(TnQn + anfl)2 =0.

Let
Pn Pnfl
U—
[Qn Qn—l]
For v = (r,,, 1)! equation (1) takes the form
(MUv,Uv) = 0.
Hence
(U'MUv,v) = 0.

Thus r,, is the root of
Anxi + Bz, +C, =0,
where

[ A, B,/2

_ 77t
B,/2 Cn]—UMU.

Moreover

1 1
A, C, — ZBEL = det(U'MU) = det M = ac — ZbQ.



