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Abstract: There are two methods of obtaining symmetric probability measure on
a base of an arbitrary probability measureµ corresponding to the random variableX.

The first relies on considering distribution ofY = X−X ′, whereX ′ is an independent
copy ofX. In the language of measures we have thenL(Y ) = µ∗µ−, whereµ−(A) =
µ(−A). In the second method we consider the mean of two measuresµ andµ−. In the
paper we want to present some known and new results on characterizing such measures
µ for which both methods coincide, i.e. measures for which

1

2
(µ + µ−) = µ ∗ µ−.

In the literature one can find also the following generalization of this question: for fixed
p ∈ (0, 1] what is the characterization of such pairs of distributionsµ andν for which

pµ + (1 − p)ν = µ ∗ ν?

This problem was posed by Dugué in 1939 and it was extensively studied since then.
However, the full characterization has not been found yet. In the paper we show some
constructions of the Dugué question with the properties ofsimple fractions classes of
characteristic functions. We give also a collection of new solutions and an example of
three measuresµ, ν andη such that

pµ + qν + rη = µ ∗ ν ∗ η.

In the last section we give also some solutions in the set of signedσ-finite measures.
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